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1. The following was proved in [1]:

THeOREM A. Let ag,a, ..., a,, by, b\, .., b, (n= 1) be integers so that
x| —|: > akx"/ Y bkx"]
k=0 k=0

Then max”“ol’ weesy |anla |b0|’ ) |bn|)> (5\/2)_l

We prove here an analogous but stronger result for the function \/)_c,
namely,

max
—1<xx1

<e, O<e<y.

THEOREM B. Let ay,ay, ..., a,, by, by, .., b, (n=1) be complex numbers
where either a,=0 or |ay| =1 and where lbol 21, so that

\/)_c—[z akx"/ Yy bkxk]’<£, O<exi.
k=0 k=0

max
O0<sxxi

Then
p=max(ldol, ..., |a,l, |bgl, ... 1b,])> (7).

Proof. 1f ay+#0, then |ay/by| <& and hence
2 |bol > lagl/e = 1/e > (Te) .

Suppose a,=0. Then

z la | (4e)* < 4&?y Z (4e%)* < 4e?u Z 4~*=16e%u/3,

- k=0 k=0

365

n

Y a(4e?)| <
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n

Z 482)k

2 |bo| — Z |bil(4e)

k=1

>1—4e’u Yy (47 >1—4g%u Y 4% =1-—(16%u/3).

k=0 k=0

If 1 —(16e%4/3) <0, then pu>3/(1662) > (7¢) . Otherwise,
8>‘./4£2 [Z": 482)k/i o(4e?)r ]
Y a(4e?)

228—[k ) / ZAb (4¢?) ]

> 26— [166°u/(3 — 166°p) ]

n

and hence
16ep -3 = 16eu(1 +¢) >3,
u>3/(20e) > (7e) L

2. Similarly, we have

THEOREM C. Letaz1 andlet b, ..., b, (n> 1) be complex numbers such
that

max

0<x<1

—1
x —<Z bkx> l<e, 0<e<i
k

=0

Then

n= max(|b0| 3t |bn| ) > (48)71'
Proof.

n -1
> (Z bk£k> —&*
k=0

Hence u > (4¢)~".

—1 e}

—8>[ukz 2"]1——8=(2;¢)"—

=0

n
2| Y bt
k=0
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